I. INTRODUCTION
Let denote by H(U) the space of all analytical functions in the unit disk u = {z ~ c : Izl < 1}. Iff, F E H(U) and F is univalent in U we say that the functionf is subordinate to F, or F is superordinate to f, writtenf(z) -~ F(z), if f(0) = F(0) andf(U) C_ F(U).
Let ~ : C 3 x U ---, C, let h E H(U) and q E H[a, n], where

H[a,n] = {q E H(U): q(z) = a + an2 +...}.
In [7] the authors determined conditions on ~ such that
h(z) ~ ~(p(z),zp'(z),zZp"(z);z) implies q(z) -< p(z),
for all p functions that satisfy the above superordination. Moreover, they found sufficient conditions so that the q function is the largest function with this property, called the best subordinant of this superordination. Let the integral operator A~,, :/C ~ H(U), E C H(U), be defined by (1.1) A~,~(f)(z) = f3(t)t~-ldt , /3,3' E C.
In [1] the author determined conditions on the g function and on parameters/3 and 3' so that z [f~] ~-<z ~g~l ;~ implies z [A~,~ (f)(z)] ~-<z [A~,~g)(z) 1 ~, and this result that was further improved in [2] .
In the present paper we will study the reverse problem, in the sense to determine sufficient conditions on g,/7 and 3' such that the next superordination holds:
and we will prove that, under our assumptions, this result is sharp.
PRELIMINARIES
To prove our main results, we will need the following definitions and lemmas presented in this section.
Let c E C with Re c > 0 and let 
Note that Rc is univalent in U, R~(0) = e and Rc(U) =k(U) =C\{wEC: Rew=0,11mwl _>U t.
Let A be the set of those f functions that are analytic in the unit disk U and normalized by the conditions f(0) =f'(0) -1 = 0. We denote by K(a), a < 1, the class of convex functions of order a in the unit disk U, i.e.
K(~) = yEA:
Re 1-,-f-~-7~ j >c~, zEU .
In particular, the class K ~ K(0) represents the class of convex (and univalent) functions in the unit disk.
The class of starlike function of order o~ in U, ~ < 1, denoted by S*(o~), is defined by S*(c0= feA:
Re f~->c~,zEU .
In particular, the class S* -S* (0) represents the class of starlike (and univalent) functions in the unit disk.
Asin [8] ,if/3>Oand/3+'),>O, foragivenoLE I-~,l) wedefinetheorder ofstarlikeness of the class A~,~ by the largest number 6 = 6(c~;/3, "/) such that A~,(S*(~)) C S*(6).
, where
then the order of starlikeness of the class A~,7( S* ( ~) ) is given by
Here 2F1 represents the (Gaussian) hypergeometric function, i.e.
+~ (a)k(
The next result deals with the solutions of the Briot -Bouquet differential equation (2.2).
Lemma 2.5. [4] Let /3, "y E C with /3 ~ 0 and let h E H(U), with h(0) = c. If
with q(O) = c, is analytic m U and satisfies Re [/3q(z) + 7] > 0, z E U.
More general forms of the above lemmas may be found in [8] and [4, Theorem 1] respectively. For the next lemma that we will use to prove our result we need the following definition. and set
Furthermore, if qo(q(z), zq'(z) ) = h(z) has a univalent solution q E Q, then q is the best subordinant.
MAIN RESULTS
We need to determine the subset E c H(U) such that the integral operator A~,7 will be well-defined. By Lemma 2.2, if we choose the set/C --9r~,.r then the integral operator defined by (1.1) will be well-defined on/C. [ 
z~"(z)
Letting q(z) = 1 + ~ and by differentiating(3.3) we have
and then, by computing the logarithmieal derivative of the above equality, we deduce (3.6)
q(z) + q(z) +/3+7-1
From (3.1) we have Re [h(z) +/3 + 7 -1] > zq'(z) zqa"(z) =l+---h(z).
/3+7-1 >0, zEU 2 and by using Lemma 2.5 we conclude that the differential equation (3.6) has a solution q E H(U), with q(0) = h(0) = 1. Now we will use Lemma 2.4 to prove that, under our assumption, the inequality (3.5) holds. Replacing in Lemma 2.4 /3 by /3= 1 and 7 by =/3 + 7 -1, the conditions 3 = 1 > 0 and 3 + ~ =/3 + 7 > 0 are satisfied. Because/3 + 7 > 1, then needs to be univalent in U, is not so easy to check, in the next result we will replace this by another condition, which is more easy to be verified. 
(-gz )(Z).]~ is the best subordinant.
Proof. In order to prove this result we will use Theorem 3.1 and we need to show that the (3.8) implies the univalence of
The condition (3.8) means that 2 -'
i.e. ~b is a close-to-convex function in U (see [3] ), hence ~b in univalent in U.
If we denote by F = A~,7(.f ) and ~b ( Since the function • is analytic for IQ < 1, then it is necessary that r <_ 1, i.e. 
